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Abstract 
In this paper we show some formulas for the constant Pi 

 
Resumen 

En este artículo mostramos algunas fórmulas para la constante Pi 
 

Introduction 
The number Pi is defined by the series:  
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In this note there appear some formulae that involve the constant Pi  
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En las fórmulas (2),(3),(4),(5), los números { }0na ∈ ∪  , se definen por: 
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Para 0 1,1 1 2 , 0p b a a< < < < + >  , se tiene: 
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2 24 42,

2
a a aa z − + −
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( ), ; ;F zα β γ  , es la clásica función hipergeometrica. 

En la fórmula (8) , con 2a =  , se tiene:  
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Para m∈  , se tiene: 
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Para { }1m∈ −  , se tiene: 
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Para { }0 , 0n a∈ ∪ >  , se tiene: 
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En (14) con 0, 1n a= =  , se tiene: 
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Para { }0m∈ ∪  , se tiene: 
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Para { } 21 , 1, 2,3,..., 1m a m∈ − = −  , se tiene: 
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donde  { }3,1, 4,1,5,9, 2,6,...na =  , son los digitos de π  en base 10  . 
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Para , ,p q p q∈ ≤  , se tiene: 
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La función [ ]x mayor entero x= ≤  . 
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∑ ∑   (61) 

donde 

 
24 ,

2 2
b a a ap q

b b
− −

= = −   (62) 

En (61) con 1a b= =  ,se tiene: 
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 ( )
( )( ) ( )

1 1

0 0

3 1 2 1 2
1

12 3

n k n k
n

n

n k

n
k n k

π
+ + + +

∞

= =

− − − 
= −   + + 
∑ ∑   (63) 

Para , 0a b >  , se tiene: 

 ( ) ( )
( )

1 11

2 2
0 0

21
2 2 1

n k n k n kn n
n

k
n k

a p qn
kb a b n k

π
− + + + ++∞

= =

−  = −   + + +   
∑ ∑   (64) 

donde 

 ,p b a q a= − = −   (65) 
En (64) con 1a b= =  , se tiene: 

 
( )

0 0

1 2
2

1

k kn

n k

n
k n k

π
−∞

= =

− 
=   + + 
∑∑   (66) 

 
( )0

12
5 1 5

n
n

n

c
n

π
∞

=

=
+∑   (67) 

donde 

 ( ) ( ) { }3 2 3 22 3 2 3 , 0
6 6

n n
n

i ic i i n− +   = + + − ∈ ∪   
   

   (68) 

 2 1 0 14 13 , 1, 4n n nc c c c c+ += − = =   (69) 

 
( )0

16
5 1 5

n
n

n

c
n

π
∞

=

=
+∑   (70) 

donde 

 ( ) ( ) { }4 41 4 1 4 , 0
8 8

n n
n

i ic i i n− +   = + + − ∈ ∪   
   

   (71) 

 2 1 0 12 17 , 1, 2n n nc c c c c+ += − = =   (72) 

 
( )0

14
5 1 10

n
n

n

c
n

π
∞

=

=
+∑   (73) 

donde 

 ( ) ( ) { }7 3 7 33 7 3 7 , 0
14 14

n n
n

i ic i i n− +   = + + − ∈ ∪   
   

   (74) 
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 2 1 0 16 58 , 1, 6n n nc c c c c+ += − = =   (75) 

 
( )0

18
5 1 10

n
n

n

c
n

π
∞

=

=
+∑   (76) 

donde 

 ( ) ( ) { }9 91 9 1 9 , 0
18 18

n n
n

i ic i i n− +   = + + − ∈ ∪   
   

   (77) 

 2 1 0 12 82 , 1, 2n n nc c c c c+ += − = =   (78) 

Para 20, 0, 2a b b a< > >  , se tiene: 

 
1

2 2
0

8 2
14 4

n

n

n

c
nb a b a a

π
+

∞

=

 
=  +− − − 

∑   (79) 

donde 

 2 1 0 1, 1,n n nc ac bc c c a+ += − − = = −   (80) 
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